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Abstract

In this paper we introduce an approach to increase density of field-effect heterotransistors in the
framework of conventional monotonic switches. In the framework of the approach we consider
manufacturing the inverter in heterostructure with specific configuration. Several required areas of the
heterostructure should be doped by diffusion or ion implantation. After that dopant and radiation
defects should by annealed framework optimized scheme. We also consider an approach to decrease
value of mismatch-induced stress in the considered heterostructure. We introduce an analytical
approach to analyze mass and heat transport in heterostructures during manufacturing of integrated
circuits with account mismatch-induced stress.

Keywords: Switches, optimization of manufacturing, analytical approach for prognosis

Introduction

In the present time several actual problems of the solid state electronics (such as increasing
of performance, reliability and density of elements of integrated circuits: diodes, field-effect
and bipolar transistors) are intensively solving 1. To increase the performance of these
devices it is attracted an interest determination of materials with higher values of charge
carriers mobility 1%, One way to decrease dimensions of elements of integrated circuits is
manufacturing them in thin film heterostructures % 1. In this case it is possible to use
inhomogeneity of heterostructure and necessary optimization of doping of electronic
materials [*2 and development of epitaxial technology to improve these materials (including
analysis of mismatch induced stress) 1351, An alternative approaches to increase dimensions
of integrated circuits are using of laser and microwave types of annealing [16-28],

Framework the paper we introduce an approach to optimize manufacture of field-effect
heterotransistors. The approach gives a possibility to decrease their dimensions with
increasing their density framework a switches. We also consider possibility to decrease
mismatch-induced stress to decrease quantity of defects, generated due to the stress. In this
paper we consider a heterostructure, which consist of a substrate and an epitaxial layer (see
Fig. 1). We also consider a buffer layer between the substrate and the epitaxial layer. The
epitaxial layer includes into itself several sections, which were manufactured by using
another materials. These sections have been doped by diffusion or ion implantation to
manufacture the required types of conductivity (p or n). These areas became sources, drains
and gates (see Fig. 1). After this doping it is required annealing of dopant and/or radiation
defects. Main aim of the present pa-per is analysis of redistribution of dopant and radiation
defects to determine conditions, which correspond to decreasing of elements of the
considered switch and at the same time to increase their density. At the same time we
consider a possibility to decrease mismatch-induced stress.

~56 ~


https://doi.org/10.33545/27075923.2022.v3.i2a.50

International Journal of Circuit, Computing and Networking http://www.computersciencejournals.com/ijccn

I T
T 7T T L
D D
G G
S S
4 |
D D
(7 (G
S S
L L

Fig 1a: Structure of conventional monotonic switch [19]
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Fig.1b: Structure of two step monotonic switch [19]

H -

Epitaxial layer

Buffer layer

Substrate

Fig 1c: Heterostructure with a substrate, epitaxial layers and buffer layer (view from side)

Method of Solution
To solve our aim we determine and analyzed spatio-temporal distribution of concentration of dopant in the considered
heterostructure. We determine the distribution by solving the second Fick's law in the following form [t 20-23],

aClxyzt) 8 [ ﬁCt'J:\y.z.tj} a [ EC('.J:,_V.Z.I:I] a [ ﬁ'C(lJ:,_v.z.t)}
at _a,rD B +6'_vD 8y +ﬁ‘zD Bz +
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3 [Ds L,
5 [E Ve (xy.z,8) [(FClx, . W, t)dw} +

d [Dg Ly
04 [E Ve (xy, 2.0 [}y, W, OdW ]|+ 6y

a [Dr:.s‘ ﬁ‘ugt'x.yz.r):| a [DC_S- ﬂugi'.x\vz.r)} a [DCS ﬂ'ugt'x\vz.rj]
dotx LVET dx doty LVET dv gtz IVET dz

with boundary and initial conditions

BC(xyzi) BC(xy.zi) gClxy.zit)
WwEOl o g R — g EEXEDL — 0, C(x, Y, 2,0)=fc (X, Y, 2),
dx ¥=0 dx x=L, dy ¥=0

C(xy.zi) — g lwznl Szl =0.
gy =L dz z=0 dz x=Lg

Here C(x, y, z, t) is the spatio-temporal distribution of concentration of dopant; Q is the atomic volume of dopant; Vs is the
symbol of surficial gradient; J'ULEC(x,y,z, t)dz is the surficial concentration of dopant on interface between layers of

heterostructure (in this situation we assume, that Z-axis is perpendicular to interface between layers of heterostructure); za(x, y,
z, 1) and (X, v, z, t) are the chemical potential due to the presence of mismatch-induced stress and porosity of material; D and
Ds are the coefficients of volumetric and surficial diffusions. Values of dopant diffusions coefficients depends on properties of
materials of heterostructure, speed of heating and cooling of materials during annealing and spatio-temporal distribution of
concentration of dopant. Dependences of dopant diffusions coefficients on parameters could be approximated by the following
relations [24-261,

c¥{xyz.i) Vixyzt) V3 (xyat)
De = DL(x’y’z’ ) [1 +¢ Pyt'x\vz.T‘l] [ 6 v §2 (v*)® }'
c¥(xyzr) Vixyzt) VE(xy.z.L)
Ds = Dg1(x,y.2,T) [1 +s m} [ o e } 2

Here DL (X, Y, z, t) and Ds (X, Y, z, t) are the spatial (due to accounting all layers of heterostruicture) and temperature (due to
Arrhenius law) dependences of dopant diffusion coefficients; T is the temperature of annealing; P (X, y, z, t) is the limit of
solubility of dopant; parameter ydepends on properties of materials and could be integer in the following interval y e [*:3 24 v
(x, y, z, 1) is the spatio-temporal distribution of concentration of radiation vacancies; V" is the equilibrium distribution of
vacancies. Concentrational dependence of dopant diffusion coefficient has been described in details in 24, Spatio-temporal

distributions of concentration of point radiation defects have been determined by solving the following system of equations 2%
23, 25, 26]

allx,y.zr)

allxy.z, r|:|
ar

ﬂ'ItJ. V.2, r|:|

= [D;[xvz'i") P [D!(x v,z T) +

aII:.J..J-.Z rl]

a [D; (x,y,2,T) ki (o, v, 2, T (x,y,2,t) — kyp(x, 9,2, T) %

x I(x,y,2,6)V(x,y,2,t) +0 [D‘S Veulx,y,z,t) f;”![x,y, W,t)dW] +

—i—ﬂ; ﬁP‘s,u[x ¥z, t)f I(x,y, W, t)dW] [D”M

VkT dax :| +

d [D;s ﬁagi'x,_v.z.t)} 8 [Dys ﬁ'ngt.x\_mztl] (3)
gy LVET ay 8z lver dz

avi t) a dVixy.zi a Vv (xy.zt

—J'a:z ' [Dp[x ¥, 2, T}—“z I} [Dv[x V, 2, T)—MZ I] +

+ [Dv(x V.2, T)M]

kV,V (x.! }}.! Z, T)Vz (x, j}: Z, t) - k!,v(xJ j}: Z, T) *
x I(x,y,2,6)V(x,y,2,t) +0 [D"'S Vept(x, v, 2, t) f:” Vix,y, W,t)dW} +

—i—ﬂ; ﬁ Veu(x, v, z, t)_f Vix, v, W, t)dW] [D” M}

VkT dax
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8 Dggaﬂgi.l.\}.ztl} g Dggﬁ'ugm\}ztl]
6"» VET ay ﬂ'z VkT dz

with boundary and initial conditions

dl(x,y.zt) 0 dl{x,yzr) -0 8lix,yv.zt) 0
dx =0 ' g x=L, ' gy ¥=0 '
Ix,y.2r) 0 8lix,yv.zt) 0 I{x,y.zL) -0
a-"‘ .VzLy ' dz z=0 l dz z=L, l
avix,y.z.r) 0 avix,y.z.r) 0 avVix,yz.r) -0 (4)
dx x=0 ’ dx x=L, ’ dy =0 ’
aVix,y.z.t) aVixyzt aVixy.ze)
ixyat) =0, (xyzt) =0 — =0’|(X’y’z’0):
dy V=L dz z=0 dz z=L

=f, (X’ Y, zZ )l \% (X! Y, zZ 10)=fV (X, Y, Z )! V[xl + I’;‘ttfyl + Vnt!zl + I’;‘tt!t) =WV 1+ 2o

|
.I.'T\pi +_vf+zf

Here | (x, y, z, 1) is the spatio-temporal distribution of concentration of radiation interstitials; 1" is the equilibrium distribution
of interstitials; Di(x, Y, z, t), Dv(X, V, z, t), Dis(x,y, z,T), Dvs(X, ¥, z, t) are the coefficients of volumetric and surficial diffusions
of interstitials and vacancies, respectively; terms V2(x, y, z, t) and 1(x, vy, z, t) correspond to generation of divacancies and
diinterstitials, respectively (see, for example 261, and appropriate references in this book); kiv(X, ¥, z, t), kii(X, Y, z, t) and ky.v(X,
y, z, t) are the parameters of recombination of point radiation defects and generation of their complexes; k is the Boltzmann
constant; @ = ad, a is the interatomic distance; £ is the specific surface energy. To account porosity of buffer layers we assume,
that porous are approximately cylindrical with average values r = \/x} + y and z; before annealing ?*l. With time small
pores decomposing on vacancies. The vacancies absorbing by larger pores 7. With time large pores became larger due to
absorbing the vacancies and became more spherical ?7). Distribution of concentration of vacancies in heterostructure, existing
due to porosity, could be determined by summing on all pores, i.e.

V(x:jjrz.! t) = z{:UZ?I:UEE:UI]p(x-i_ iﬂ:j} +j_|8pz + 'I‘:X: t), R = \lllxz +:V2 +zz

Here «, fand y are the average distances between centers of pores in directions x, y and z; I, m and n are the quantity of pores
inappropriate directions.

Spatio-temporal distributions of divacancies @y (X, Y, z, t) and diinterstitials @& (X, y, z , t) could be determined by solving the
following system of equations [25 261,

ﬁ'q‘-';('.x._vz.t ) _

a &y (xy.zt)
250 _ 2o, 02 ) 2250

d d 2 ]
[D@I(x V.2, T) @;U.mzt] +

[Dﬁ(x V.2, T) By, zrl]

+ 01— [—1— Ve, (x,v,2,t) J'ULE & (x, 7, W, t)dW] +

+.Q: [D'* = Vepty (x, 7,2, t)f0 & (x,y, W, t)dW}+k”[x vz, I (x,y,2t) +

ﬁ ﬂugt.x ¥.Z, tl} ﬁ Dq;[ 5 duqlxy.z tl} ﬁ ﬁ';.tg(.J. mztl] +
S'J. VAT dx 6"» VET ay ﬂ'z W.T dz
+k! (x.! }}.! Z, T)I(x! jf,z, t) (5)
ddylryzt) Feyp(xyai) BEyp(xyat)
22220 2 [Da, oy 2 D) P2 1 2, (x,y,2,7) 2R
By, D L
[quv(x y.zT) M] —I—ﬂa [ *v3 gy (x,y,2,t) JoZ vy, W,t)dw] +

Deyrs

+.Q:v[ Verty (2,7, 2, t)fn &y (x,y, W, t)dW} +kyy(xy, 2, TIVE(x, v, 2, t) +

a [Dq:,ﬁ ﬂ'ugi'.x.yz.rj:l a [D.#Vs ﬂ'ugi'.x.yz.rj:l a [Dq:vs ﬂ'ugi'.x.yz.r]:l n
dx L VkT dx dy L VLT ay dz L VET dz
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+kv(x,jf,z, T)V(x! }}.! Z, t)

with boundary and initial conditions

deglx,y.zr) GIix,y.zt) -0 alix,y.zt) 0
dx x=0 ' dx =L, ' dy =0 ,
alix,y.zt) -0 dagixy.zr) o I{x,y.zL) -0
dy y=Ly ' dz z=0 ' gz z=L; '
dplxryzt) 0 avix,y.z.c) 0 avix,y.z.t) -0 (6)
dx x=0 ' dx x=L, ' dy ¥=0 ’
avixyzr) 0 avixyzr) -0 Gy, y.zr) 0
dy V=L ’ gz z=0 ’ dz z=L; ’

D (XY, 2,00=fa(X,y,2), & (XY, 2,00=fov(X,V,2).

Here Dai(X, Y, Z, ), Dav(X, ¥, Z, t), Dais (X, Y, Z, t) and Davs(X, Y, z, t) are the coefficients of volumetric and surficial diffusions
of complexes of radiation defects; ki(X, y, z, t) and kv(X, Y, z, t) are the parameters of decay of complexes of radiation defects.
Chemical potential 24 in Eq.(1) could be determine by the following relation 2%,

1=E@)Qaj [ui(x, y, z, Y+u;i(x, ¥, Z, 1)]/2, (7

1

. A . AU
where E(z) is the Young modulus, oy is the stress tensor; u;; = (% 4

i =5\a +E) is the deformation tensor; u;, u; are the
i i
components Ux(X, ¥, z, t), Uy(X, ¥, z, t) and u,(x, y, z, t) of the displacement vector #(x, y, z,t); X, X; are the coordinate X, y, z.

The Eq. (3) could be transform to the following form

duilxy.z.r) n ﬁ'u_i;t'x\yz.t:l] {i [ﬂuit'x\vz.rj n ﬁujt'x\yz.tj:l _

X, V,zt) =
ﬂ( } ) [ a.l'_i. a.}.’i 2 a.l'_i. a.l'i'

a(2)8;; [ﬁuk('.x.yz.t:l
dx

&40+ T — 32|~ K(DB@IT(x,y,2,t) — T))8, |2 E(2),

where o is Poisson coefficient; g = (as-aeL)/aeL is the mismatch parameter; as, ag. are lattice distances of the substrate and the
epitaxial layer; K is the modulus of uniform compression; g is the coefficient of thermal expansion; T, is the equilibrium
temperature, which coincide (for our case) with room temperature. Components of displacement vector could be obtained by
solution of the following equations 4,

g° UL (xy.2.L) A, (xy.2.L) ﬂ'a'x).t'x.yz. ) Bz (x3.2.8)
= =
p ( ) gt dx + dy + dz

8 u (xyzt) doylxyzt)  doy(xyet) | doyg(xyzt)
l) A By —_ l)x W 5 l):". W 5 l)}: A fy
P( ) ar® dx + dy + dz

P( ) FPuglxyzi) _ doglxyzt) + 8y lx.yzt) + Bozz(xy.z.t)

ar? dae ay dz '
_ E(=m Buglxyzr) | Gujlxyzr) _ E ﬂuk('.x\vz.r]:l Bug(xy.z.r) . . .
where g;; = Tre@i| o, o, P + K(2)8;; x x B B(2)K(2)[T(x,v,zt) —T,], p(2) is

the density of materials of heterostructure, d; Is the Kronecker symbol. With account the relation for o last system of equation
could be written as

2u_ (xyzt) z) 2u_(xy.z.f) z)
p(z)ﬁ Uyl 3 .2.L) _ [K(Z) + 5E(z) }ﬁ' uxtJ:;mzt, + [K(Z)— Eiz) } %

ar® 6[1+a(z]] dx 3[1+a(z)]
8% u, (xy.zL) E(z) [ﬁ‘zu (xyzr)  #%u i'.J:.vz.r‘l] [ E(z)
il ) 4 i 4 ghd] ) K =z ) :|
dxdy 2[1+o(=z]] gyt + dz? + ( ) + 3[1+o(z)]
8 ug(xyzt) 0T (x,y.2.t)
X awer K@EE—;
P( ) B uylxyzr) __E@ 8 uylxyzr) | @ uxt'x\vz.rj] _ GT(xyzr)
gt 2[1+a(z]] dx® dxdy dy
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E(z) Buy(xy.z.t) ﬁ'uzt'.l:\yz.tj]} 87 U, (xy.z.L)
X K(Z)ﬁ (@) +3; dz {2[l+a'tz|] dz + dy + ay*
SE(z) E(z) 87 uy(xyzt) a2 Uy (xyzt)
X [12[1+a’t’z:|] + KEZ}} + [K(Z) 6[1+a'('zj]} dydz + K( ) dxdy
(2) fuzlxyzt) _ Elz) Ru (xyazr) | BCuglryze)  8u lvyzr) ¥
ac? 2[1+oiz)] dx® ay® dxdz

8% u, (xy.2r)
+—'?] +

E dugley.zt) Ei'uyt'x.yz.t) ﬂ'uxt'x\vz.rj:”
dydz [K(Z) [ dx + + +

dz dy dz

l a I: Ei(z) [ dug(xy.zt) Fu(xy,zt) ﬁuJ.t'x\vz.rjl ﬂuz('.:l:\vz.r)]}
68z 1+oiz) dz dx dy dz

—K(2)B(z) TE2EE,

Conditions for the system of Eqg. (8) could be written in the form

BU(0y.zL) —0; BU(L . 2,) —0 1(x0.2.5) —o Bﬁ'(xi.).z.r] —0:
dx dax dy dy

A1 (xy.0.0) fulxy.LorL)
- =0 — 2 =0, u(x,y,2,0) = iy, i(x,y,z,9) = Uy,
iz iz
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(®)

We determine spatio-temporal distributions of concentrations of dopant and radiati-on defects by solving the Egs.(1), (3) and
(5) framework standard method of averaging of function corrections 28, Previously we transform the Egs.(1), (3) and (5) to the

following form with account initial distributions of the considered concentrations.

ﬂctb’;\:z.ﬂ _ E [D 6Ct’xy.z.rj:| + E[D Bc(-_;;\vz.r)] + E[D Bc(-_;;\vz.rj|:| +

dx dy dz

g [Decs ﬁngt'.l:.y.z.t)} g [Des ﬁagi'.r,_v.z.t)} g [Dcs ﬁ'ngt'.l:\yz.tj] +
gztx LVET gx =ty LT ay gz VLT dz

8 [Des dpz(xyzi) d [Ds
oo [0 0 2 [E vy, ) [ Oy, W, 0aw ]| +

da [D L
—H?E ﬁ Veulx, v,z t) J-U Clx,y, W, t)dW:|

BH'.J:.yz.rl o

gt +

[D: (x,y,2,T) M}

[D! (x.y.2.T) M}

[— Veu,(x, v, 2,t) f:” I(x,y, W, t)dW} +

+ [D;(x V.2, T)ﬁ!i.m.ztl]

a [D L
+ﬂ$ ﬁ Ve, (v, 2, t) J-U (x, v, W, t)dW} — k(v 2, I? (x,v,z,t) —

_kI,V (x.! }}.! Z, T}I(x,jf,z, t)V(x! jf,z, t) + fi’ (xijfrz)d‘(t)

avix,y.z, rl

gt

avixy.z.r)
Wesyza) , & N

[Dvﬁx .2, T) ﬂ'VtJ.;»zrl:I

[Dv (x,y,2,T)

-I—!?. ﬁ?s,ul(x ¥, 2, t)f Vix,y, W, t)dW] +

[Dvﬁx V.2, T) aVI:.J.J-.Z rl]

[ Very (%, 7.2, t)fn I(x, v.W, t)dW} kp (x,y,2, T (x,y,2,t) —

—kpy (v, 2 T(x, y, 2, V(X y,2,t) + fi(x, v, 2) 8(t)

dEplxyzt) d&(xy.zr) dép(xy.zr)
— = [D,i,j[x v,z,T) 7] [D,;,I(x v,z T) 7] +
EEME L
+ 2 [0ay (3,2 ) XN 4 0 2 [Peis gy oy, 2 0) [22 8 x,y, W)W ] +
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g D
+'Qa. ['*SP:;_ul[xvz t)f0 & (x, v, W, t)dW}+k;[x v,z TH(x,y,zt) +

e e R i R e = B
+k; (x, 3,2, T (x,v,2,t) + fe,(x, ¥,2)6(t) (5a)
o0, (xy,2t)_ I D, (x y,z,T)aCDV(X’ Y, Z,t) a Dy, (% y,z,T)mDV(X’ y,Z,t)
ot OX v OX oy oy
[D,i,;,(x ¥, 2, T)M] +ﬂa [ * Veuy (%, v, 2, t)_f &y (x, v, W, t)dW]

g D
+'Qa. ['*SP:;_ul[xvz t)f0 & (x, v, W, t)dW}+k;[x v,z TH(x,y,zt) +

a [Dq:,ﬁ ﬂ'ugi'.r.yz.rj] a [D.#Vs ﬂ'ugi'.r.yz.rj] a [Dq:vs ﬂ'ugi'.r.yz.r]] n
dx L VkT dx dy L VLT ay dz L VET dz

+kV,V(x:j}:Z: T)VZ(X! }}.! Z, t) + f@v (x.! }}.! Z}&(t)-

Farther we replace concentrations of dopant and radiation defects in right sides of Egs. (1a), (3a) and (5a) on their not yet
known average values i, In this situation we obtain equations for the first-order approximations of the required
concentrations in the following form

8c (x.y.z tl

D 8 [.D
— ;e [ ﬁ%,u,l[x,y,z,t)} +“1cﬂa[zﬁ P:;,ul[x,y,z,t)} +

Dcg Buslxyz, tl] d [Dcs ﬁ'agi'.r\yz.tj]
7 i Rt — _ -
+e oy, 2)8(0) + 5 dox LFET dx + oy lPET Ay +

8 [Dcs auzfﬁ:&‘zii] b
+ﬁ':‘z VET dz (1b)
Iy (xy.zr)

P ﬂ’uZﬂa _SP:-;#(X .z, t)] +ay 2 [ > Vsu(x,y,2, t)]

d [Dyg ﬁngt'.l:.y.z.t)} d [D;s ﬁngt'.l:.y.z.t)} d [ Dy ﬁ'agi'x.yz.tj] +
gx LVET gx gy LVET ay gz LvLT dz

+1i (x,y,z){?(t) - '51'_12.: kg (x;_'i";Z; T)— ﬂl;ﬂlvk!y(x,y,z, T) (3b)

vy (xyzit)

TACEED — a2 [R5 Vo (0, 2.0 + @y g [225 Vo (0, 2.0 +
a [Dr..rs ﬁ‘ugt'x.yz.r):| a [Dr..rs ﬁ‘ugt'x.yz.r):| a [Dr,,rs ﬂ'ugi'.r.yz.rj] +

dx LVET dx dv LVET dv dz LVET dz

+fr (v, 2)8(t) — afykyy(x, .2 T) — ayayky (x,9,2,T)

gy layat)  [Da,s
ﬁ #,5 5 duqlxy.z tl} ﬁ Dq;[ 5 duqlxy.z tl} ﬁ #15 5 Gualax, mztl] +
Eiu. VET dx 6"» VET ay ﬂ'z VET dz

+fo, (6 v,2)8() + Ky (6, v, 2 T (x, y,2,8) + Ky (6, 9,2 T (x,y,2,t) (5b)
g plryzt)
et a0 O+ e n & P o]

g Dr#-r,rsﬁ'ptgi.n.mztl] 8 D-#-;;Sﬁ'agumztl] a Dr#-r,rsﬁ'agi'.r.yz.t:l]
ax L 7er dx ﬁ‘\. VET ay dz L VT dz
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+Hay (%, 3,2)8(8) + ky (2.3, 2. W (% 3.2, 0) + by y (0,3, 2TV (x, 3, 2,1).

Integration of the left and right sides of the Egs. (1b), (3b) and (5b) on time gives us possibility to obtain relations for above
approximation in the final form

g rt z Vix,y.zr) Vi(xyz1)
C,(xy.2,8) = ayc 5 [ D (%2, T)E[l ta— te G }

¥ ¥
x Ty (5,920 [1 4 520 drf+ e 2 [y Do Gz D |1+ 58] +

PY{x,yzT) P¥(xyzT)
z VixyzT) Vi(xy.zT) tDes
* NV X, V,Z,T —[1 ] 2 orEes
S-u’l( 1 ) kT + gl v + §2 “,s:lz T+ acx J-U VET
dpnlxyzr) 0 pfDeg Bual(xyzt) 8 pt Deg Bual(ay.zt)
X dx dr dery < 0 VET ay dr gotz <0 VET gz dr +
+fe(xy.2) (1c)
LD tD
L(x,v,2t) = r:r“z.f? fo ;f; Vety (%, v,2,1)dT + al;zﬂ fn :TS Vepu,(x, vz, T)dT +
g ot Dyjg Guqlayzi) g pt Dpg Gpalxyzi) d f Dyg dualayzt)
dx <0 VET dx dr dy <0 VLT ay dr gz <0 VLT gz dr +
t t
+fi(x,y,2) —af; [k (x,y, 2, T)dt — ayayy [ ky(x,y,2,T)dr (3c)
t D5
Vi(x,y.2,t) = ayyz5- Io g Vepty(x, y, 2, T)dT + ayyzi - Io 2 Vsui(x,y,z,T)dt +
8 rtDyg augi-_r,yz.rl J-r Dys ﬂ'ugu\mzrl J-r Dys dpq(xy.z, tldl’—i—

dx <0 VET dx 0 vEr ay 0 vEr dz

+r(xy.2) —afy J-gr kyy(x,y,z,T)dt — ‘Tuﬂ’lvﬁ kiy(x,y,2,T)dt

tDg,5

By (0,72, ) = a1,20 fo —LP:;_ul(x ¥,2,T)dT + 0 — f —LFSpl[x,}f,z, 7)dT X

ﬁ‘ugi.:l.;»zrl a sduglayzr)
X @yp,2 + fi, (X, 7,2) + o f o 7dr+ 55 1o _Lw.r —,dr+ (5¢)

a ﬂ'ugi.:l.;»zrl

8z 0 w.r Bz dt "’f k(x,y,z,D(x,y,z 1)dt +

+ _l'nr kp ;(x, v, 2. T (x, v,z T)dt

rD-;-Vs tD ¢-r,rs

By (1,,2,1) = 14,20 f Vsny(x,y,2,7)dT + 02 - f Ve, (x, v,2,T)dT X

tDey s dpa(xyzr) 8 tDeysduslxyzr)
o Z X, V.2 —d — = =4
1y +f¢'v( ¥ )+ fn VET gy 70 VET ay

T+

8 rtDeys duglxyzt)
gz *0 VrT dz

dr + f; ky(x,v,2,T)V(x,y,z,7)dt +

+ fnt ky (%, v, 2, TV (x, v, 2, 7)dT.

We determine average values of the first-order approximations of concentrations of dopant and radiation defects by the
following standard relation 2],

Uy = i f f f f *p,(x, v,z t)dzdydxdt. 9)

Substitution of the relations (1c), (3c) and (5c) into relation (9) gives us possibility to obtain required average values in the
following form
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%1c = LyLyls fn fo fg [ (x, v, 2)dzdydx,
(ag+4)° BagB+93L1L Loty ag+4 _
@y _\, 4aj —4 (B + a, - )__ 4a,’ ayy = SNW a1 Io Ig fo fi(x, y, 2)dzdydx — ay;Sy00 — @LIL},LZ},

Ly Ly (L : ;
Sopij fo (@ —10) [,* [,7 [ koo (3,2, DX, y, 2, OV (x, ¥, 2, t)dzdydxdt, ay = Syypo X
X (Sf700 — St100Svvee): @3 = SivooSinoo + Siroo — StrooSvvoe @z = fg fg fg fu(x,y,z)dzdydx x

X Sy00Sivoo + Sivoo OLELS L + 251!'.!005::00.[ .[ .[ *fi (v, 2)dzdydx — OLLL5 L Syyg —

Ly Ly L Ly Ly, L
—Sfiro0 fg x..l-u ! .[g *fi(x,y,z)dzdydx, ay = Spyoo fg * fg ! fg *fi (x,y, 2)dzdydx, ag = Syyoq X

Ly oLy pLz 2 aZ o p_ 6 3 5o—=
x[fo 17 s ﬁ[x,y,z)dzdydx} ,A=J8}f—|—82a—i—48a—i,3—6—£+ Jai+pi—q—
3| e%a
—1Nq2+p3+q,q=fag(4an—

) G (49:12 922—3)—

t‘slg 2 2 2:9 al _ 2 4050, EIL_TL:L a,d;  9dp
S4aj Lyl Baj p=0 12a] " 18a,’
_ _En S120
Qe = GILXLJ.LE_'_EILIL). LXL = fn fn fo fe,(x, y,2) dzdydx
_ _Bin Svyvzo
Coy = Grants + oLt LXL = fn fn fn fe,(x, v.2)dzdydx,

where R, = f;[@ —t) f;x f;’f;” ki (x,v,2, T)i(x, v,z t)dzdydxdt.

We determine approximations of the second and higher orders of concentrations of dopant and radiation defects framework
standard iterative procedure of method of averaging of function corrections 8. Framework this procedure to determine
approximations of the n-th order of concentrations of dopant and radiation defects we replace the required concentrations in
the Egs. (1c), (3c), (5¢) on the following sum anptp 01 (X, Y, Z, t). The replacement leads to the following transformation of the
appropriate equations.

BC(xy.zt) a ([ [agc+cii'.r.yz.r)]]’} [ Vixy.z.r) Vgi'.:l:.yz.rj]
T PED = T (1 4y e Ly X
ar dx + [f PY{xyzT) TG vt 6 v

ac, (xyz.0) a Vixy.zt) Vi (x,yzr)] 8C, (xy.zt)
B R (R |

= DL (x ‘V Z T) Vs + gz c'vs*lﬂ av

[a;C+C1t'J:.y.z.t:l]}'}) E ([ Vixy.z.r) Vgt'.l:,_v.z.t)}
x D (x,y,27T) [1 + f—Pl‘i'x\v.z.T] + P 14+¢ = + ¢ T X

ac, (xy.z:) (v 2]
X Dy (x, v,z T}M{l + f%}) + fe(x,y.2)8(t) +

g [Decs ﬁngt'.l:.y.z.t)} g [Des ﬁagi'.r,_v.z.t)} g [Dcs ﬁ'ngt'.l:\yz.tj]
gztx LVET gx =ty LT ay gz VLT dz

a5 [ﬁ Vsuy (6, 3,2,t) [ *layc + C o,y W, t)]dW} +

8 (D L,
s [ﬁ Vsuy (0,3, 2,t) [ "laye + Clx,y, W, t)]dW} (1d)

alg(xy.z, rl

= [D!(x .2, T)E'Ilw. wzr|:|

[D;[x .2, T) 6!ﬂ.:.;»zri| +
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M} k(o v,z Dlay + Ly, 2 0] —kp(xy,2T) x

[D; (x,y,2,T)
é =
X |:a':|.1I + lrl (x:jfrzr t)] [alv + V;. (x’ .z t)] + ﬂa {FSH'(X! V. g t) IUL [Q'ZI + l{:L (x:y! W: t)]dw X

D”} +0-- { Veulx,y, z, t)_f ey + 1, (x,y, W, t)]dW} f;wx

dx
Dys 5' t Dig Bpplayzi) d rt Dpg Bualxy.zt) 3d
et v e U tnlwar @ (3d)
av. rZL av, L av; 14
z&;;),z 1 _ 8 . [DV(x .2, T) 1&':»2 |] - [D._,-[x V.2, T) 1(~r:»,z |] +

+ [Dv[x V,Z, T) —avﬂ(x*)ztl]

kyy(x,y,2Day +Vi(xy,2 0] —ky(xy,2T) x
] L,
X [eg + 1 (0 y, 2 t)]lay + Vi (x, v, 2,6)] + - {P‘S,u(x, vz t) [ Flagy + V(e y, W, )]dw x

x 2} 4+ 02 (PB G p(x,y,2,8) [y Tagy + Vi (3, W, )]dw | 4 2 [[ 220020

0 dx
D t Dyg ualxyzit) d rtDyg dpa(ay.zt)
Dvs a- Dvs fa(xy dr + 2 f8vs g (x,y dt
VAT ﬁ‘_} 0 ver ay gz <0 VLT dz
Gdqp(ay.zr)

E'-i'ﬂ(.r_),zrl]

P [quj (x,v,2,T) +

- ez

dt

-I—ﬂ%{ S Veu(x, v,z t)_[ [a2¢1+ &, (x, v, W, t)]dW}+f{”[x v,z T (x,y,zt)+

+~Qa%. {D:TS Veu(x, v,z t) fULz[ﬂ'z.;.j +&,(x, W, t)]dW} +k(x,y, 2 T (x, v, 2t) +

D5 duslxyzr)

[ } [ D s duglxyazr)
ﬁ'} VET dy dz L VET dz

ﬂug(x:»,z rl} ] +

ﬁ'.r [ VkT
a dd .z
+2 s, (3,2, ) LI 4 £, (v, y,2)8(2) (5d)

dEqp(xy.z.t) d de& ('.m,ztl d de& ('.r},ztl
E'w'ar — [Dévﬁx y z, T) v i| [Dq‘.iv (x y z, T) 1V i| +

+ﬂ%{ 2V g, v,z t)fn [azs, + 21 (x, 3. W, t)}dW}+k.,v[x v,z TW3(x,v,z,t) +

+.Qaiy{ WSP:;_u(x ¥.2,t) fo [a2e, + 1y (x, 3, W, t)]dW}+ ky(x,y.zT)V(x,y,zt) +

g [Dws ﬂ'ug(x,y,z,rj] 8 [D-#Vs ﬂ'ug(x,y,z,rll] 8 [Dws ﬂ'ug(x,y,z,r)] +
dx L VkT dx dy L VLT ay dz L VET dz

a dd .z
+2 s, (13,2 ) 2L £ (x,y,2)8(2).

Integration of the left and the right sides of Egs. (1d), (3d) and (5d) gives us possibility to obtain relations for the required
concentrations in the final form

_ 8 gt [etae+Cy (xzT)]Y VixyzT) Ve (xy.zT)

Cz(x:l’:z: t) - ax J.[] {1 + ‘f Pyl:.ry,z,T:l } [1 + gl v + gZ (V’:Ig :|
R, B o
x D, (x, .2, T) ac, (.m,z ) dr 4 % J-Uz D, (x, .2, T) [1 Yo '-’(x::z,r,l Yo v E-f,?lfrl]

ac; (x,y.z1) { [agc+cl(.r,y,z,rj]]’} E r [ Vixy.zT) Ve (xy,z,r)}
x ay 1+ ‘f PY(xyzT) J. 1+ G1 v + C2 (V‘jg

[agc+Ci(xyzn]y

ac, (. 1
X Dp(x,v,2T) —1 L {1 +& T iryo)

}dr + folx,v,2) +
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+0 - fn Ds Veul(x, v,2,7) fn [aoc + €y (x, v, W, r)]der+ fo Veul(x, v, 2, 1) X

= Des dus(xy.zt)
fg [aye + Cy(x,y. W, T)]der+ WLTT} +

g [Des ﬁaglf.r,y,z,t)} 8 [Decs ﬁ';,:g('.ry,z,tj]
g=y LT Ei'y gz VLT dz

L(xyzt)= f D (x, v, zT}Md +5- f D, (x, v,z T}Mdr—k

(1e)

d pt g, (xy.zt) t
+§fn D;(x,y.2,T) = az dr_fg k(6 y, 2. Dlay + 1 (xy, 2, 7)]%dr —
2 d ez
- J‘U 'If!,lf(x: V. T)[Q'ZI + '{1 (x:y: z, r)] [azv + I’E (x! V. r)]dr + a J‘U P‘S#’(xl V. r) x

Dys Ls 8 ot Ly
o Qﬁfn lag; + I(x, v, W, T)]dW dr+a—yf0 Vsu(x, y,2,7) [, %laz; + 1, (x, y, W, 7)] X

D;_S- Dys dup(xyzt) g [Dpg dualxyzt)
X .Q de —_— |t =
+6'—".r VET dx dety LWET ay +

8 [ Dys Buplxyzi)
+a[@7az ]ﬂ’rﬁxd’rz) (3e)

ﬂvi(.r,;y ZT) ﬂvi(.r_),zrld

Vz(x,y,z,t)——f Dy(x,v,2T) ar +— f Dy(x,v,2T) T+

ﬁ"lﬁlf.r.),z T)

f Dy (x,v,2,T) dr —fn kyv (v, 2z, Dlagy + V; (x, ¥, 2,7)]*dr —

d
- J-UI 'If!,lf(x: V. T)[Q'ZI + '{1 (x:y: z, r)] [azv + I’E (x! V. r)]dr + a J‘; P‘S#’(xl V. r) x

D” fo‘“[afzp+ Vi(x,y, W, r)]der+ fn Vept(x, v, 2, r)f0 [aoy + Vilx, v, W, 1)] %

Dvs d Dys dus(x.yzt) d [Dys Bpalayzi)
wdrt — |t — |
R d=tx LVET da d=ty LWWET ay +

a Dyrg al{g(x.\}'.z.{:l:l
— | XV, 2
e [w.-:" dz +fr(x.y.2)

ey lxy.2T) d prdd plxyzr)
®y(x,y.2,1) = f Dy (x,y.2, T)ﬂidr—i_a_yjoﬂT %

ﬁéu(xgp,z )

><D¢(xsz)dr+ fUqu.I[xsz) dr+ 10— fn&p(xyzr)x

t Days

f [azs, + &1, (x W, T)]deT-I-ﬂ f f [z, + 24,00y, W, D)]dw x

X Veu(x, v, z, r)dr+fn ki (v, 2, TP (x, v, 2,1)dT + — ftiir Mdr+

a #15 ﬁ‘ug(.r,\},zrl J- ﬁ‘ug(.r,\},zrl
VET

3y Jo 7ar 5 dr—i—f.;. (x,y.2) +

+ _l'nr ki (x, v,z, T)(x, v,z 1)dt (5e)

&y (x, y,2,t) = J" Dy, (x,y,2, T)MdTJr%f;amg;mz,r:. y

ﬂ'fﬁw(.r,\},zrl

3
X Dg,, (x,y,2,T)dT + f Dy, (x,,2,T) dr—l—ﬂaf;ﬁ;ﬂ(x,y,z,r) X

D¢ys

fn [ Qe + Py (X, 3, W, r)]der+.Q IIDWS fn [ Qg + Py (X, 3, W, 7)]dW x
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D T
X Voulx, v,z 1)dr + fnt ky (v, z TV (x, y,z, T)dT + ; s Mdr +

v <0 VKT ax

a tDr#-r,rSﬁ'ngt'J:\yz.r)d 8 rtDepsduslxyet)

— | = T+— | — dr X, V, 2
gy 40 VET ay gz 40 VET gz +f¢V( .2+

+ fnt ky(x, v,2, T)V(x, y,z,T)dT.

Average values of the second-order approximations of required approximations by using the following standard relation 22,

1 Ly Ly (L
Up = oriii _I'UG I Ll ( vz, 8) — pi(x . 2, t)]dzdydxdt. (10)

Substitution of the relations (1e), (3e), (5e) into relation (10) gives us possibility to obtain relations for required average values
a2p

(bg+E)?
4p3

sagF+@3LxLyLzz:1) bg+E

—4 (F + by ab,

a2c=0, aemn =0, apan =0, arzy = J

2
_ Gr—azvSivoo —aap{25yvo1 +Sviot 0Ll L)~ Spvos —Svia
Stvoa+TavSivon

Ay

_ 1 2 1 2 _ SgooSvvoo
where b, = —GLXLJ_LESWUUSVVUU - —GLXLJ_LESVVUUSHUU’ b; = oLl (2Syyo1 + S0+

SNUUSWGG SEVUU
+'9LxLyLz) + oL, (Sivo1 + 2Sir10 + Sivor + GL.J:LyLz) + oL.L,Ls (2Syp01 + Sry1o +

SraoSIv Si00S
+OL,LyL;)— %1 b, = ‘;ULUTZ:.E: (Syvoz + Stya1 + Cv) — (Swio — 2Syvor + OLy Ly, X

1S s
X L) + I;EJT;LM (OL,Ly L, + 2810+ Syyon) + ﬁ (Stvor + 25i10 + 2801 + OL, Ly X

Sh CrSh 25y
X L)(2Syyor + OLyLyL, + Spyao) — GLfLilz (Cy — Syyoz — Spyaa) + B;Lifzg—ui-i - BL;;EZ X

i1 +SvveatG Stvo:
X SvooSvor by = SHUUMJE,TV:EV (2Syvo1+ Swio+ 0L, LyL.) + @LiVLTLZ (OL,L, %

Sv105g. 5
X Lz + 281110+ Svor) (2Syvor + Sao + OLL,L,) — ‘;’::L;zzl - E'le'ilz (3Sivo1 + 28110 +

5 Syro:
+OL,LyL.)(Cy — Syvoz — Siv1r) + 2CiSivooSivor Bo = G'Lif;Lz (Srvoo + Syvoz)* — ﬁ X

1 Gy —Syvoz —Siv
3 (OL,LyL;+ 281110+ Siyvo1) (Cy — Syvoz — Sraa) + 2615501 — 5:'.4'01% X

1 Cor—Spriron —Sura s
xS [:QLxL.sz + 28110 + Svo1) (Cy — Syvoz — Sv11) + 2€1Sho1 — 5:1!01%2%“ X

2
_ Mty @15100 _ Str20 520 Smvaa
X 8 eL.L.L.+28 LY C==1 5 + — -
wo1(OLyLyL, + 28110+ Syor), € oL, V0V or g 1 Ll BL Ly

az a oa
Cy = @310y Siyo0 + @iy Syvoo — Svvoz — Swvan E = JSJ’ + 62 2 46 a_j.’ F=—2Z2+

By

3 Y ngg 2
FVVrE 53 —r — VWi s34, r =

bybag 2%n3 @
_2(450_9LJ:L1»‘L2 ~ ")_ z_bc_zx
2483 B b, 54b3 an3
bE a*p3 4bgb,—0L L, L B,by @b
x (4952—92:)—@&@ 15 = 2 2000eOlalylbib; OBy
by . 8p3 1263 18h,

Farther we determine solutions of Eqgs.(8), i.e. components of displacement vector. To determine the first-order
approximations of the considered components framework method of averaging of function corrections we replace the required
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functions in the right sides of the equations by their not yet known average values ;. The substitution leads to the following
result

8wy layzr) BT (x,v.2.8) ﬁzuiyt'x\vz.rj _
p(z) a2 - K(Z)ﬁ (Z) ax ’ F'(Z) a2 -
{xy.zr) ﬁ'T( V.Z,E) 82 uy g lxyzt) 8T (xy.z.t)
plz) —L P2 = _K(2)B(2) 222 p(2) “érg =—-K(z)p(2) —

Integration of the left and the right sides of the above relations on time t leads to the following result

U (63,2,8) = up, + K@ 55 2 |7 [T T(x.,2,7)drdd -
Blz) 8
—K(z )PiZI mf f T(x,y,z 1)dtd?,

()
uy(6,y.2t) = ug, + K(2) E2 L

p(z) 8y fn fn T(x, V. Z, T)drdl —

Blz) 8
—K(z )Eaf f T(x,y,z 1)dtd?,

Blz) 8 pr o
u(xy.z,t)=uy,, + K(z )Ea_fﬂ fo T(x,y,z1)dtdd —

Blz) 6 pw o8
—K(z )EEI‘] Jo T(x, y,2,T)dzd®.

Approximations of the second and higher orders of components of displacement vector could be determined by using standard
replacement of the required components on the following sums ai+ui(X, y, z, t) %81, The replacement leads to the following
result

P(Z) 82 Uqxy .zt _ [K(Z) i SE(z) }ﬁ' Uy (xp.2E) [K( ) — E(z) }azujyi'xﬁ»‘z-f:' +

ar® G[1+a(z)] Fx= 3[1+a(z)] dxdy
a2 uy,(xyzt) E(z) 8° Uy (xyzi) a* ujzi'.r\v.z.t:l] T (x.y.z.t)
Bxdy 2[1+a(z)] ay® az° Ax
E(z) 6%y (ryze)
®x K(z)f(z [K z - } = -
( )ﬁ( )+ ( ) + 3[1+a(z)] dxdz
( )ﬂ'gug‘},('.r\vz.r) _ E(=) [ﬁ‘zul)u\mzrl a° uixi'.r.yz.rj] AT (xy.z.L)
p ar? 2[1+a(z]] dxdy dy
E(z) duy(ryzt)  duy(xyzi) 8P uy (xyzL)
®x K(z)f(z [ . L
( )ﬁ( )+5 Az L2[1+a(z)] dz + By + ay*
5E(z) E(z) 8P uy (xyzL) 82uy ., (x,y.2.0)
x (2D k(D)) +{K(2) - 22} T K (z) aploy=d
12[1+a'tz:|]+ ( ) + ( ) B[1+a(z]] dydz + ( ) dxdy
82U (xyzt) E(z) BPu,(xyzr) APu(xyar)  8fuglryzr)
( ) 2z . — - 1z - + 1z - + 1x +
dt 2[1+o(=)] dar dy dxdz

B u,  (xy.ze)
+—l“"—] +

& duyleyzr)  dugley.zr) | dug(xyar)
—[H'(Z)[ ulx;:‘}z ,|+ Uy ylay.z |+ U el .2, |:|}+

dydz dz dy dz
E{z) @ Buglayztr)  Buplayat)  Buy,(xyat) ﬁ'uu('.r,y.z.t:l]
6[1+a(z)] 8z dz dx ay dz
Buyleyzt)  Buy,(xyzi) ﬁuui'.r,y.z.t)} } E(z) OT (xy.z.t)
— — — —K(z)p(z) ———.
dx ay dz 1+a(z) ( )’8( ) k4

Integration of the left and right sides of the above relations on time t leads to the following result

SE(=z)
U (53,2,8) = 2= (K@) + g} 2 [y [y ey, 2,0)dndd + - (K ()
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E(z)

} E(z)
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-]
e [ Iy Gy 2 DdTdd + 2 [ sy, 2, )drds -

E(z) ,6’('2!
P(ZI{ (z) + 3[1+a’(21]}6‘.rﬂz fn fo uy,(x, v,z r)drdﬁ+um+!((z)
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SE(z)
fn fn uy, (%, y,2,7)drdd + p(m{m K(z)} %

f f Uy, (% y,z,1)drdd + { fe [az f; foﬂuly (x, v,z T)drdd +

Zp('ZI dz Ul+a(z)

Eiz) _
6[1+aiz)]

d 8 (z) 4
+ 2[5 Jo why.2 Ddrds|} - K(z)% [ 1S Ty, 2 1)deds —

~K(@)} ==~

plz) dydz 70

f f uy, (x, y, 2, T)drdd —

E(z) [8° r= o8
@ [ﬁ Jo [ w(x y, 2, 1)drdd +

giz) Kiz)
K@) [T f T(x,v,2, 1')1'31'1'319——2'I X

1+a ('zn plz)

a.ra}-[ f u(x .2 r)drdﬁ]

fo fg Uiy (x, V.2, r)drdﬁ— Ejo fn ulx(x v,z T)drdﬁ{ SE(z)

aan plz) dy 12[1+0(z)]

E(z)
1+a(z)

+E(z)}—— { [az J'Ux _I'Uﬂ uy,(x, v, z, T)drdd + a%f; _I'Uﬂ uy, (2, r)drdﬁ]} P

1 1 E(=z)
% e e {K(z) — 6[1”&']} 53 fn fo 1y, (x,y, 2, T)drdd + Uy,

E(z)
2[1+o(z)] Lax®

u(x,y,zt)= fn fo uy,(x,v, 2, 1)drdd + = fn fo uy(x,y, 2 1)drdd +

fn fo Uy, (x,y.2,0)drdd + —— fo fn Uy, (x%y,2, r)drdﬁ} +— %

ﬁ‘.rﬁ‘z p (z)

a d pow o d po AP
% E{K(z) [a fo fn Uy, (%, v,z T)drdd + 6'_ny fn uy,(x, v,z T)drdd +

"’%f: foﬂulx(x,y,z, T)d'fdﬁ]} +— .i{ i [6%_[; foﬂ uy(x,y, 2z, 7)drdd —

6p(z)dz W1+a(z)
g po B g po o8 g pow o8
_aj"ﬂ J‘Q ul.r(x’j}’zi T)drd’ﬁ _Efn fU uly(x:jfrz! T)drdﬁ_Efo fU le(x,y,z, T)drdﬁ]}—

(z) d 8
—K(z )ﬁé.azf [, T(x, y,z,T)drdd + uy,.

Framework this paper we determine concentration of dopant, concentrations of radiation defects and components of
displacement vector by using the second-order approximation framework method of averaging of function corrections. This
approximation is usually enough good approximation to make qualitative analysis and to obtain some quantitative results. All
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obtained results have been checked by comparison with results of numerical simulations.

Discussion
In this section we analyzed dynamics of redistributions of dopant and radiation defects during annealing and under influence

of mismatch-induced stress and modification of porosity. Typical distributions of concentrations of dopant in heterostructures

Substrate

Epitaxial laver

0.0 : I .
1] Li4 L2 314

1

~

Fig 2: Distributions of concentration of infused dopant in heterostructure from Fig. 1 in direction, which is perpendicular to interface
between epitaxial layer substrate. Increasing of number of curve corresponds to increasing of difference between values of dopant diffusion
coefficient in layers of heterostructure under condition, when value of dopant diffusion coefficient in epitaxial layer is larger, than value of

dopant diffusion coefficient in substrate

2.0
L 2

1.5 H
)
=< 1.0
O

Epitaxial layer Substrate
0.5
0.0 T T 1 1
0 L/4 L){Z 3L/4 L

Fig 3: Distributions of concentration of implanted dopant in heterostructure from Fig. 1 in direction, which is perpendicular to interface
between epitaxial layer substrate. Curves 1 and 3 corresponds to annealing time ® = 0.0048(Lx?+Ly?+L;?)/Do. Curves 2 and 4 corresponds to
annealing time ® = 0.0057(Lx?+Ly?+Lz?)/Do. Curves 1 and 2 corresponds to homogenous sample. Curves 3 and 4 corresponds to
heterostructure under condition, when value of dopant diffusion coefficient in epitaxial layer is larger, than value of dopant diffusion
coefficient in substrate
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Fig 4: Spatial distributions of dopant in heterostructure after dopant infusion. Curve 1 is idealized distribution of dopant. Curves 2-4 are real
distributions of dopant for different values of annealing time. Increasing of number of curve corresponds to increasing of annealing time
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Fig 5: Spatial distributions of dopant in heterostructure after ion implantation. Curve 1 is idealized distribution of dopant. Curves 2-4 are real
distributions of dopant for different values of annealing time. Increasing of number of curve corresponds to increasing of annealing time

are presented on Figs. 2 and 3 for diffusion and ion types of doping, respectively. These distributions have been calculated for
the case, when value of dopant diffusion coefficient in doped area is larger, than in nearest areas. The figures show, that
inhomogeneity of heterostructure gives us possibility to increase compactness of concentrations of dopants and at the same
time to increase homogeneity of dopant distribution in doped part of epitaxial layer. However framework this approach of
manufacturing of bipolar transistor it is necessary to optimize annealing of dopant and/or radiation defects. Reason of this
optimization is following. If annealing time is small, the dopant did not achieve any interfaces between materials of
heterostructure. In this situation one cannot find any modifications of distribution of concentration of dopant. If annealing time
is large, distribution of concentration of dopant is too homogenous. We optimize annealing time framework recently
introduces approach %371, Framework this criterion we approximate real distribution of concentration of dopant by step-wise
function (see Figs. 4 and 5). Farther we determine optimal values of annealing time by minimization of the following mean-
squared error

1

U —
Lolyls

JE 1% ey, 2.0) — h(x,y, D]dzdydx, (15)

where w (X, y, 2) is the approximation function. Dependences of optimal values of annealing time on parameters are presented
on Figs. 6 and 7 for diffusion and ion types of doping, respectively. It should be noted, that it is necessary to anneal radiation
defects after ion implantation. One could find spreading of concentration of distribution of dopant during this annealing. In the
ideal case distribution of dopant achieves appropriate interfaces between materials of heterostructure during annealing of
radiation defects. If dopant did not achieves any interfaces during annealing of radiation defects, it is practicably to
additionally anneal the dopant. In this situation optimal value of additional annealing time of implanted dopant is smaller, than
annealing time of infused dopant.
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Fig 6: Dependences of dimensionless optimal annealing time for doping by diffusion, which have been obtained by minimization of mean-
squared error, on several parameters. Curve 1 is the dependence of dimensionless optimal annealing time on the relation a/L and &= y= 0 for
equal to each other values of dopant diffusion coefficient in all parts of heterostructure. Curve 2 is the dependence of dimensionless optimal
annealing time on value of parameter ¢ for a/L=1/2 and £ = y= 0. Curve 3 is the dependence of dimensionless optimal annealing time on
value of parameter & for a/L=1/2 and ¢ = y= 0. Curve 4 is the dependence of dimensionless optimal annealing time on value of parameter y
fora/L=1/2and ¢=£=0
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Fig 7: Dependences of dimensionless optimal annealing time for doping by ion implantation, which have been obtained by minimization of
mean-squared error, on several parameters. Curve 1 is the dependence of dimensionless optimal annealing time on the relation a/L and &=y
= 0 for equal to each other values of dopant diffusion coefficient in all parts of heterostructure. Curve 2 is the dependence of dimensionless
optimal annealing time on value of parameter ¢ for a/L=1/2 and £= y= 0. Curve 3 is the dependence of dimensionless optimal annealing
time on value of parameter & for a/L=1/2 and £= y= 0. Curve 4 is the dependence of dimensionless optimal annealing time on value of
parameter yfor a/L=1/2and ¢=£=0
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Fig 8: Normalized dependences of component u; of displacement vector on coordinate z for nonporous (curve 1) and porous (curve 2)

epitaxial layers
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Fig 9: Normalized dependences of vacancy concentrations on coordinate z in unstressed (curve 1) and stressed (curve 2) epitaxial layers

Farther we analyzed influence of relaxation of mechanical stress on distribution of dopant in doped areas of heterostructure.
Under following condition &< 0 one can find compression of distribution of concentration of dopant near interface between
materials of heterostructure. Contrary (at £>0) one can find spreading of distribution of concentration of dopant in this area.
This changing of distribution of concentration of dopant could be at least partially compensated by using laser annealing B7.
This type of annealing gives us possibility to accelerate diffusion of dopant and another processes in annealed area due to
inhomogenous distribution of temperature and Arrhenius law. Accounting relaxation of mismatch-induced stress in
heterostructure could leads to changing of optimal values of annealing time. At the same time modification of porosity gives
us possibility to decrease value of mechanical stress. On the one hand mismatch-induced stress could be used to increase
density of elements of integrated circuits. On the other hand could leads to generation dislocations of the discrepancy. Figs. 8
and 9 show distributions of concentration of vacancies in porous materials and component of displacement vector, which is
perpendicular to interface between layers of heterostructure.

Conclusion

In this paper we model redistribution of infused and implanted dopants with account relaxation mismatch-induced stress
during manufacturing field-effect heterotransistors framework switches. We formulate recommendations for optimization of
annealing to decrease dimensions of transistors and to increase their density. We formulate recommendations to decrease
mismatch-induced stress. Analytical approach to model diffusion and ion types of doping with account concurrent changing of
parameters in space and time has been introduced. At the same time the approach gives us possibility to take into account
nonlinearity of considered processes.
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